It is shown that the Fomin class 9p (I <p < 2) is a. subclass of Q n Ä"V, where ß is the Garrett-Stanojevic class and ® "( the class of sequences of bounded variation. Wider classes of Fourier and Fourier-Stieltjes series are found for which an Ign *• o(l), n -, oo, is a necessary and sufficient condition for L '-convergence. For cosine series with coefficients in <S> T and nban -O(l), n -» oo, necessary and sufficient integrability conditions are obtained.
1. Introduction. Telyakovskiï [1] extended the classical result of Kolmogorov [2] concerning the L '-convergence of the cosine series 5+ 2 akcoskx (1.1) * /t = i with {ak} in the class of quasi-convex null-sequences (2"_,(A: + l)|A2afc| < oo). Paraphrasing a sufficient integrability condition of Sidon [3] , Telyakovskiï [1] obtained a new class S containing the class of quasi-convex null-sequences. A sequence {ak} belongs to S if there exists a monotonically decreasing sequence {Ak} such that 2"_, Ak < oo, and |AaJ < Ak, for all k. Let <$> T be the class of all null-sequences of bounded variation. It is plain that § cSf.
Telyakovskiï [1] proved that if {ak} E S, then (1.1) is a Fourier series of some / E Lx(0,it) and that Ik-/Il = o(l), »**•«, (1.2) if and only if an lgn = o(\), n -> oo, (1.3) where ■$■" are the partial sums of (1.1) and || • || is the L'(0, w)-norm. Garrett In this paper we shall show that f,cßn«% and give necessary and sufficient conditions for L '-convergence for certain larger classes of Fourier and Fourier-Stieltjes series. As a by-product we shall obtain necessary and sufficient conditions for (1.1) to be a Fourier series. Most of our results can be adapted for the sine series either directly or after appropriate modifications. Hence, it suffices to show that from {ak} E ^p, it follows that C" = o(l), n -, oo.
Classes of
Before we proceed, we notice two consequences of {ak} E <%:, i.e.
In the rest of the proof we shall show that (2.1) and (2.2) imply that Cn = o(l), n -* oo.
Because of {ak} E 9> T,/is the pointwise hmit of sn in (0, it], and because of (1.5) / is also the pointwise limit of gn in (0, it].
The integral Cn+, we split in the following way.
The first integral in (2.3) we estimate as This completes the proof of Theorem 2.1.
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The right-hand side of the first estimate for 7" in (2.5) can be rewritten as A corollary to Theorem 2.4 is a slightly weaker form of a theorem of Telyakovskiï and Fomin [7] , (for a different proof see [8] ), concerning the L '-convergence of Fourier series with coefficients in S 911. The interest of this corollary lies in the fact that both the necessity and sufficiency parts of the proof are obtained using the same technique, i.e. the sharp estimates of ||s" -a"||.
3. Necessary and sufficient integrability conditions. Throughout this section we shall consider (1.1) with {ak} E % CY. Since in this case the pointwise limit/ of s" exists in (0, it], to prove that (1.1) is a Fourier series, it suffices, by a standard argument, to show that/ E Lx(0, it). 
